A problem due to Fuchs [3] is to determine the cardinality of the set & of all pure subgroups of an abelian group. Boyer has already given a solution for nondenumerable groups G [1] he showed' that |^| = 2 m if I GI > Ko, where | A | denotes the cardinality of a set A. Our purpose is to complement the results of [1] by determining those groups for which \&*\ is finite, ^0> and c = 2*°. In the following, group will mean abelian group. Now consider the case B Φ 0. The lemma has already been proved if r = co, so assume that r is finite. Any pure subgroup P of G = Fφδ is a subdirect sum of a pure subgroup E oί F and a subgroup A of B. Since E f] P has index in Z? which divides the order of B, there are only a finite number of choices of E Π P for a given £7 (and consequently only a finite number of choice of P). Thus the lemma is proved.
The theorem follows almost immediately from the lemmas.
THEOREM. For any group G, | & \ ^ No if and only if: G = F©Γ where T is torsion of the form (1) and F is torsion free of finite rank r Ξ> 0; further if the prime p is in the collection π = {p lf p 2J
, p n } of the decomposition (1) . Then | G \ ^ No and the torsion part T of G is of the form (1). Hence G splits into its torsion and torsion free components, G = F©Γ. Also, F is of finite rank r ^ 0. And there exists no homomorphism of a pure subgroup of F onto p°°w here peπ (since there would be c such homomorphisms, each determining a pure subgroup of G). But suppose that G = i* 7 © T, where F and T satify the given conditions. Let T" denote the divisible part of T and set 
